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W0 : ∂D
{Wn}∞n=1 :
Wn =
Wn−1 + β
βWn−1 + 1
εn, n = 1, 2, . . . , (1)
β D εn W0
circular Cauchy C∗(ϕ) (0 ≤ ϕ < 1)
{Wn}∞n=0
• (1)
M(w; β) = w + β
βw + 1
, w ∈ ∂D; β ∈ D, (2)
Mo¨bius
• Mo¨bius β w arg(β) β |β| β
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(a) (b) (c) (d)
. Mo¨bius (2) M(w; β) arg(β) = pi/4 |β|
(a) 0, (b) 0.3, (c) 0.6, (d) 0.9 M(wj; β) (wj =
exp(2pij/12), j = 1, . . . , 12)
• circular Cauchy C∗(φ)
f (y) =
1
2pi
1− |φ|2
|y − φ|2, y ∈ ∂D; φ ∈ D,
y = ±φ/|φ|
arg(φ) |φ|
Wn | (W0 = w0) ∼ C∗ {φn(w0)} ,
φn(w0) =
(
ϕ βϕ
β 1
)n
◦ w0,
(
a00 a01
a10 a11
)
◦ z = a00z + a01
a10z + a11
, n ≥ 0.
Wn | (W0 = w0) d−→ C∗(φ∞) as n −→∞,
φ∞ =


ϕ− 1 +√{(1− ϕ)2 + 4ϕ|β|2}
2|β|
β
|β|, β ∈ D \ {0},
0, β = 0.
C∗(φ∞) unique
(Kato, to appear).
• (n = 96)
( ) Fisher & Lee (1994)
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